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Abstract

We describe the ingredients of an automatic service for the dissemination of ocean tide loading
coefficients and the considerations that led to the solution employed. The paper reviews the surface
loading problem, methods for computation and especially the improvement of coastline resolution for
accurate representation of coastal loads. We finally compare the loading results based on several ocean
tide models with coefficients estimated from VLBI observations.

1. Introduction

Loading processes are still gaining increasing attention in space geodesy. The resolution of
VLBI, using the data bases collected since the late 70s, makes estimation of tidal parameters
feasible at the sub-millimeter level. The loading process affects in the first case the station position.
This parameter, however, would average out the loading effect in the long-term average. Actually
more relevant in this context are the major products of VLBI, Earth Orientation Parameters and,
with increasing importance, atmosphere parameters. VLBI is heading towards near-real-time and
high-rate applications, like EOP on the ten-minute basis, and atmospheres in a similar pace. On
the sub-diurnal time scale, tide processes do generally not average out. Also, one of the findings
of GPS in applications to atmospheres is that the zenith delay is sensitive to unmodeled vertical
motion. The two processes, loading displacement and wave propagation, can be separated [5],
but the correlation of the estimated parameters remains high. In relation to EOP’s from small
VLBI networks, an ocean-loading induced bias due to horizontal parameters may occur. A study
using the VLBI observations from the CONT-94 experiment showed that the admittance of local,
incoherent horizontal motion may be several times larger in the case of real data compared to the
orientation changes that would be obtained on theoretical grounds using Helmert rotations [24].

The purpose of this paper is to respond to the demands of the analysts in space geodesy to
retrieve high-accuracy coeflicients for an ocean tide loading model in a convenient way. We describe
an automatic ocean loading provider that we have made available on the Internet. We motivate
the specific methods of computation that are employed. In the section on VLBI data analysis we
show that the different ocean tide models that can be employed to compute the loading coefficients
are uncritical at present given the accuracy of the observations.

The process of atmospheric loading is similar as far as the physical effects of load induced
deformations of the solid earth body and subsequent displacement of points on the surface are
concerned. There is one important difference though. Tidal processes are described to a very high
order of approximation by sinusoidal variations in time. It turns out that only a few coefficients
need to be imported into fairly unsophisticated formulas in order to describe tidal motion during
extensive time periods. The atmospheric pressure, however, is aperiodic in most of its signal power.
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Therefore, time series of loading displacements must be computed for each station at subdiurnal
intervals. Generally, ocean loading tide and atmospheric pressure induced deformations are similar
in size. The former is of course more pronounced in oceanic and coastal areas, whereas atmospheric
loading is more efficient in the interior of continents, where there is no ocean to yield and equilibrate
the surface pressure. In the ocean, the inverse barometer response is widely efficient, but limitations
have recently been pointed out [15].

t od o o ut tion

The loading effect on a radially symmetric earth can be computed by convolution of the surface
mass load with a kernel function, the Green'’s function of the normal stress surface loading problem
on a self-gravitating planet. The property of radial symmetry of the structure and rheology renders
the Green’s function to depend only on the distance between the load point and the field point,
not on the explicit location or on the azimuth.

The Green’s functions are computed from solving the loading problem for each spherical har-
monic degree at a time, giving three independent parameters at each degree , the so-called load

Love numbers LLN . These three dimensionless numbers, , ,and  characterize the vertical
displacement . the horizontal displacement , and the secondary gravity potential perturbation
, respectively. All other loading effects like surface gravity change , tilt, vertical de ection,
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strain can be represented by linear combinations of the LLN.
We thus have the point-load PL Green’s functions and the relations between a loading mass

element and the incremental effect it generates as follows
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where , , and denote the radius, gravity and mass of the model earth, respectively one uses
the mean values of the ellipsoidal quantities . Note that is a horizontal displacement potential,
a scalar quantity. The Green’s functions involve Legendre polynomials . The distance is
measured as an angle along a great circle, and the azimuth is . The sums can generally not be
truncated limiting values can be computed with the ummer transform | |, [22].

An identity of the above using spherical harmonic development SH  provides

2 1

for the displacement scalars, where, instead of the loading mass, we have developed the ocean tide
amplitude , and multiplied with a constant ocean water density, . The earth’s mean density is
denoted by

The maximum degree of an SH is limited in practice. Therefore, the following advantages and
disadvantages are encountered in the PL. method equations 1 to 5 andthe SH equation
The SH would calculate an entire global map for each partial tide and component of the loading
effect in one stage. This appears rather convenient contemplating the ever increasing number of
stations demanding a continuing service for employing the PL integral method.

In practice, the PL integral is replaced by a sum over the grid elements of an ocean tide model.
The ocean grid can be refined according to convergence criteria. The requirement for refinement
occurs when a station is near a coast, since the Green’s functions have a singularity at zero distance

the asymptote is one over the chord distance .

If crude accuracy is sufficient, the SH method can be used. Experience shows that errors
in excess of 1 mm result at many coasts, so the method is not an option for VLBI. The reason
for the inaccuracy is related to the coarse resolution of the coasts, rather than to the truncation
implied by the low maximum SH degree of the LLN included in . In an attempt to increase
the accuracy by extending the degree range of the harmonic development, a semi-fast method can
be used that utilizes the circular convolution theorem of ourier series denoting the discrete

ourier transform . It proceeds by taking all grid nodes along a pair of colatitude rings ,
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into account simultaneously

where we use a box-integrated Green’s function

2 12

cos  Ccos sin  sin cos cos
2 12

The formulas for the horizontal displacement potential follow analogously, and , the Green’s
function, is the infinite sum in 1 or 2, respectively.

Thus, this semi-fast map method with the integrated Green’s function treats effectively the
ocean tide on its original grid. It does the equivalent of distributing a tide value constantly over a
grid box and convolving it with the point-load Green’s function. This extension alleviates the LLN
truncation however the coastline cannot be refined without refining the grid everywhere globally.
Going to the 5° 5’ grid of a standard topographic data base to retrieve a more accurate coastline
would result in enormous computation times. sing the 0.5 0.5 of [1 | we arrive at errors in
excess of 1 mm for example at ortaleza ig. 1 . Thus we are doubtful about the fast or semi-fast
methods that generate loading results on global maps.

We rather stay with a per-site PL computation. In the following section we describe an auto-
matic service available over the Internet.
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uto tic ¢ n o din roid r

The automatic ocean loading provider is a web service available at
. We employ the point-load method, one set of Green’s
functions for a continental earth structure, and eleven different ocean tide models. The different
models re ect the most important source of uncertainty in the model computations at present.

d. ¢ n id od

The ocean tide models can be divided into those which are purely hydrodynamic, purely based
on altimetry data and those which are of a hybrid form. Nowadays, most published models are of
the last type. All models described are barotropic depth-averaged and employ the Laplace tidal
equations. egularly, these models are self-gravitating and self-loading using a local coefficient [1],
a procedure which, however, may yield significant systematic error [21].

One of the first accurate ocean tide models was the one of Schwiderski [27]. Its success was
partly the result of forcing the model to fit almost all available tide gauge observations at the coast.

or long-term continuity it has again been added to the ocean tide loading provider. A closely
related model is NAO99 [1 ] but with the inclusion of altimetry data and an improved assimilation
scheme. ES94.1 [1 ] is a purely hydrodynamic finite-element model with enhanced resolution on
the shelves. ES95.2 [14] was an update of ES94.1 with the introduction of better Arctic tides
and a longwave adjustment using TOPE Poseidon T P altimetry data.

Other models which also employ a longwave T P adjustment of and loading effects due to

ES94.1 are CS .0, CS 4.0[ | and GOT99.2b [20]. Since T P does not exceed the latitude
bounds, these models are equal to ES94.1 in these polar regions. urthermore, CS .0 and
CS 4.0 have spurious wet nodes on land. These must be carefully excluded in loading calculations.
Secondly, these two models do not extend under the Antarctic ice shelves. To amend this, the
values of GOT00.2 have been added in these places. GOT00.2 is an update of GOT99.2b and has
been extended by the assimilation of E S1 2 altimetry data.

ecently, the models ES9 [11] and ES99 [12] have been published. They are both hydro-
dynamic models with assimilated tide gauge, while ES99 also incorporates T P data. inally,
the model TP 0.5 [7] has been added because it is an independent model it is a fully inverse,
hydrodynamic model that uses the representer method to fit tide gauge and altimetry data.

All models are givenona 05 05 grid except for Schwiderski whichhas1 1 and ES9 99
which are given on a 025 025 grid.

It must be noted that these models do not conserve the water mass during one tidal cycle. To
remedy this defect it is common practice to subtract a uniform layer with a certain phase lag from
the model. ortunately this effect is small for the most recent ocean tide models.

I | nt tion

or the computation of the loading using the PL method, the integral must be replaced by a
summation. A natural choice of the discretization is to use the grid of the ocean tide model and
sum each cell that has tidal values weighted with the Green’s function. Thus
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with and  the number of rows and columns of the grid. or the density of water we assume

10 0 kg m . The Green’s function is available in tabular form [ ], [9]. The use of point loads
to represent the effect of an areal load is justified for large distances. or distances less
than ten times a grid cell diameter, however, this is no longer valid. urthermore, when fitting
the model to the coastline it becomes important to represent the actual amount of water loading
the Earth. The solution is to refine the grid, and this can be done gradually and locally around
the station where it is needed. Inside the refinement area, the tide variation inside a gridbox can
be interpolated or extrapolated into e.g. estuaries using the neighboring nodes. By doing the
refinement automatically most of the arguments against this method [1 | are removed.

The refinement is performed by dividing a grid cell recursively into 4 smaller blocks until two
criteria for 1 approximating the cell load by a point load and 2 fit of the model to the coastline
are satisfied. The tidal values for these smaller blocks are derived using bilinear interpolation of
the original model.

inally one has to define the water area . or high coastline resolutions of less than 1
the size of a global digitized land-water map becomes prohibitive. In cooperation with Simon
Williams | ] a compression program was developed, again exploiting
the algorithm of recursively divided blocks. irst, the coastline data base of G T [2 ] has been
digitized resolution 0.00549 00 after which the data has been decomposed into a quad tree
[10], see igure

In practice Equation is computed first with a program called [2 ]. If necessary, a square
of is left out of the computation and post-processed with the program . A screenshot
of such an area is given in igure 2.

o riono rOT od

Other programs that compute the ocean tide loading using the PL method are (2],

[17], [ ] and [19]. differs from the

others by projecting the ocean onto a template grid centered on the station, each ring having
approximately constant loading sensitivity. The highest coastline resolution is 1 4 17
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(2] [17] co mo [4] [19] ol golm [2]
Station mim min min mm mm
-VLBA 1.4 1 4 14 1 7 145 1 7. 1.4 152 14 177
ortaleza, 5.4 4.1 .20 4.0 5.5 5.55 4.0 5.70 4.0
GilCreek .97 99.5 9.0 99.4 .95 99.2 .99 97.4  9.05 99.2
Hart AO 15 -119 154 -119 1 47 -119 1 42 -11. 1. -1 1.
ashima .7 4 .2 .91 4 1 .7 4 5 .0 44.5 .0 4 2
okee 12. -120. 12.79  -120.7 12.5 -120.2 12,55 -119.2 12. -120.0
SS 5 14. - 9.0 14.51 -92 14.5 -92 14. 4 - 94 14.55 - 9.2
edicina 5. -70.9 5.1 -71.0 525 -704 549 -704 5.4 -71.
Noto 5.9 -54 59 -52 59 - 5. 5.9 - 5. .0 - 5.7
Ny-Alesund 14 174.0 .9 1745 22 177 1. -175.9 .7 174.1
Onsala, 4 - 7.0 42 - 1 A7 - 4.7 .0 -92 .01 - 54
ichmond 774 127 7.0 127 7. 1 2. 27 1700 7.1 120
Westford 7.45 -179.1 7.5 -179.2  7.49 -179. .24 157. 7.1 -179.2
Wettzell 5.0 -71.5  5.05 -72.0 5.02 -71.5 529 -T1.7 5.0 -71.5
Station vert. horiz. | Station  vert. horiz. | Station vert. horiz.
0.4 0.09 0. 5 0.20 024 0.0
1.05 0.2 1.01 0.1 0.4 0.12
1.0 0.2 0.77 0.1 1.0 0.29
0.4 0.14 0.4 0.14 0.5 0.1
0.24 0.0 0.27 0.10

uses integrated Green’s function and has a manual high-resolution land masking feature.
is also a direct implementation of Equation wusing ES95.2 and several local ocean tide
models.

As these independent programs use the same input CS 4.0, in the Antarctic region augmented
with GOT00.2 and the same Green’s functions Gutenberg-Bullen Earth , they can be employed
to indicate the numerical accuracy of loading coefficients.

The results are listed in Table 1. One can see, excluding because it uses another model,
that the differences are small and the numerical accuracy is seen to be near 0 2 . The effect of
using another Green’s function such as P E [ ] is around 01 and is therefore negligible.

I r tion nd 1icu ion

We use estimated ocean loading coefficients from the VLBI solution reported in [2 ]. Table 2
shows the uncertainties for each station. The uncertainties vary as a result of signal power and
number of experiments.
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Ocean loading in VLBI, K1 included K1 excluded
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In the comparison with models we show
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where denotes a complex valued loading coefficient, superscript the VLBI observation,

steps through the tides 2 92, 92, 92, 1, 1, 1, 1, and counts the three spatial
components. The result is shown in igure . The different tide models we have included, signified
by superscript , are the Naval Surface Weapons Center model, SCHW 1 [27] two versions
of the Grenoble CNES model, LEP 94 [1 | and LEP 99 [11] two versions of the niversity of
Texas Center of Space esearch model, CS and CS 4 [ ]| two versions of the Goddard Space

light Center model, GOT99 and GOTO00 [20] and the model from the National Astronomical
Observatory of apan, NAO99 [1 ].

The most noticeable result of the comparison is that the internal agreement among the models
is much greater than between any single model and our VLBI observations. The variation between
the models at Westford is due to the Gulf of aine, which is present in SCHW 1, CS 4, LEP 99,
GOT99 00, and NAO99, but excluded in the other models. The 1 tide is observed in good
agreement with the ocean loading model only at two stations, ort avis -VLBA and okee
Park. In all other cases the models do not explain more than 50 percent of the observed tide.
Both ort avis and okee Park have considerable diurnal solid earth tides problems with that
tide would affect all stations except eventually one at the equator where the vertical and east
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components are zero or at 45 where the north component is zero . Closer inspection shows that
errors at 1 exist likewise in the vertical and the horizontal components.

We know from [24] that the vertical component decouples almost perfectly from the Earth
Orientation parameters. Supposing a common source for the defect, one has to look into station-
dependent conditions. The question arises why the results seem to have much less systematic error
at ort avis and okee.

Onsala shows the greatest disagreement. Problems with the modelling code or with ocean
models are not very likely, however, since GPS solutions appear to be in quite good agreement
with models [25]. rom discussions with Leonid Petrov | ] we realize that our
VLBI solution appears to contain more systematic error power than a recent GS C solution. There
is a lot more to explore here.

onc u ion

Ocean tide loading modelling appears to provide consistent results. We have compared different
software products and a range of different ocean tide models. A predominant error source appears
to exist at the 1 tide frequency. The perturbation could be an effect of solar radiation, which
leaks into the ; frequency band.

It appears advisable to recompute ocean loading estimates from VLBI, including the experi-
ments after 1999 and take a careful look at possible sources of perturbations, in particular in the
diurnal frequency band.
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